Abstract. Given two complex Hilbert spaces X and Y and two commuting systems of linear continuous operators a = (ax,. . . ,an) on X and b = (¿>,
The formula (1.1) is (on Hilbert spaces) a refinement of a result of A. T. Dash and M. Schechter [3] . The aim of this paper is to give, in a certain sense, the definitive form of (1.1) . Namely, we replace in (1.1) the operators a} with commuting systems on Xj (j = I,. . ., n) and prove a similar result about them (see Corollary 2.3 below).
Let us recall some definitions and results concerning the joint spectrum [5] , [6] We have K(8a) D /? (SJ (where tf and i? denote the kernel and the range, respectively). The system a is said to be nonsingular (singular) on X ii
The set of all z -(z" .. ., z") E C with the property that z -a is singular on A" is called the (Joint) spectrum of a on A', denoted by o(a, X) [5] .
Finally, we use the fact that a = (ax, . . ., a") c L(X) is nonsingular on X if and only if the operator a(a) = 8a + 8* is invertible on A[s, X] (see [6] ). Proof. The proof of this result is contained in [2] . For the convenience of the reader we give a sketch of it.
Let us_ fix a system oMndeterminates s = (sx,... The relation (2.1) shows that a(a) is invertible if and only if a(a)® 1 is invertible, which in turn is equivalent to the invertibility of a(a) (see, for example [1] ). Let us suppose that a = (ax,..., an) and b = (bx,. .., bm) are two systems of operators acting on the same Hilbert space X. Then the system (ax, .. ., an, Z>" . . . , bm) will be denoted by (a, b).
We present now the main result of this paper. The proof is suggested by the arguments which lead to the tensor formula of Künneth [4] . 
